An entire function f : C → C is called a function of bounded value distribution [6, 8, 11, 12, 14] , if there exist constants p ≥ 0, R > 0 such that the equation f (z) = w for every w ∈ C has at most p solutions in any disc of radius R.
The function of bounded value distributionhave many interesting properties and applications. It attracted the attention of many mathematicians. Among many interesting and amazing properties of these functions there is the following result obtained by W. Hayman [8] : an entire function has bounded index if and only if its derivative is a function of bounded value distribution. Note [10] that an entire function f is said to be of bounded l-index if there exists an integer m, independent of z, such that for all p and all z ∈ C
Later there were introduced the concepts of entire function of bounded valued l-distribution and bounded l-index [9] . Besides, the mentioned property was generalized by M. Sheremeta for entire functions of bounded l-index ( [15] ).
In the multidimensional case there is a concept of bounded L-index in direction for entire functions and for functions analytic in the unit ball [1] [2] [3] 5] . Here we generalize Sheremeta's result ( [15] ) for analytic functions in the unit ball of bounded value L-distribution in direction. Earlier, we deduced this result for entire functions of bounded L-index in direction ( [4] ).
Let
For a given z ∈ B n we denote
) if there exists m 0 ∈ Z + such that for every m ∈ Z + and every z ∈ B n the following inequality is valid |∂
where
The least such integer
The definition is a generalization of the concept of bounded L-index in direction introduced and considered for entire functions of several variables in [1, 3] .
The positivity and continuity of the function L and condition (1) are not sufficient to explore the behavior of an analytic function of bounded L-index in direction. Below we impose an extra condition that function L does not vary fast.
If it does not cause misunderstanding, then λ
we denote the class of all positive functions L : B n → R + satisfying (1) and
and only if its directional derivative

∂F ∂b
has bounded L-index in the same direction b.
}.
To prove the theorem we need the following proposition [13, p. 48, Theorem 2.8].
Theorem 2 ([13]). Let
By Theorem 2 inequality (3) holds with
for the function F (z 0 +tb) as a function of one variable t ∈ C for every given z 0 ∈ B n . For convenience we will use the notation g z 0 (t) = F (z 0 + tb). Then it is easy to prove that for every m ∈ N the following equality
is valid. Put j = p + 1 and t 0 = 0 in Theorem 2. From (3) it follows
Now we need an analog of Hayman's Theorem for analytic functions in the unit ball of bounded L-index in direction.
has bounded L-index in the direction b if and only if there exist numbers p ∈ Z + and C > 0 such that for every
Thus, for the function On the contrary, let
∂F ∂b
be an analytic function in the unit ball of bounded L-index in the direction b. By Theorem 3 there exist p ∈ Z + and C ≥ 1 such that for every z ∈ B n the following inequality
is true. Let us consider the disc
Now inequalities (5) and (6) for z = z 0 + tb, t ∈ K, yield
To complete the proof of the theorem we will apply the following proposition from [13, .
}, i. e. the function f (t) attains each value at most p times.
, we have that
We can repeat the above arguments for the set {t ∈ C : |t − t j | ≤ } to obtain that the function
Finally, we remark that every closed disc of radius R * can be covered by a finite number m * of closed discs of radius ρ * < R * with centers in this disc. Moreover, m * < B * (R * /ρ * ) 2 , where B * > 0 is a constant. Hence, we can cover the set K 0 by a finite number m of discs K j , where m ≤ 625B * (p + 1)C 2 (λ b 2 (1)) 2 /4. Since the function F (z 0 + tb) in K j is p-valent, it is mp-valent in K 0 .
In view of arbitrarity of z 0 , the theorem is proved.
